[bookmark: _GoBack]Tables 1-3 can be reproduced using the following codes
################################ Table 1######## 
set.seed(40)
alpha=0.5;beta=3;
cn=0;dn=1
In=c(0,0.1,0.2,0.3,0.4,0.5,0.6,0.7,0.8,0.9,1.0)
un=runif(11,0,1)
Fcn=(1-exp(-(cn/alpha)^beta))*(1+In)
Fdn=(1-exp(-(dn/alpha)^beta))*(1+In)
vn=Fcn+un*(Fdn-Fcn)
a=log((1+In)/(1+In-vn))
x=alpha*exp(1/beta*log(a))
t1=cbind(un,x)
cn=0.2;dn=1
In=c(0,0.1,0.2,0.3,0.4,0.5,0.6,0.7,0.8,0.9,1.0)
un=runif(11,0,1)
Fcn=(1-exp(-(cn/alpha)^beta))*(1+In)
Fdn=(1-exp(-(dn/alpha)^beta))*(1+In)
vn=Fcn+un*(Fdn-Fcn)
a=log((1+In)/(1+In-vn))
x=alpha*exp(1/beta*log(a))
t2=cbind(un,x)
cn=0.4;dn=1
In=c(0,0.1,0.2,0.3,0.4,0.5,0.6,0.7,0.8,0.9,1.0)
un=runif(11,0,1)
Fcn=(1-exp(-(cn/alpha)^beta))*(1+In)
Fdn=(1-exp(-(dn/alpha)^beta))*(1+In)
vn=Fcn+un*(Fdn-Fcn)
a=log((1+In)/(1+In-vn))
x=alpha*exp(1/beta*log(a))
t3=cbind(un,x)
cn=0.5;dn=1
In=c(0,0.1,0.2,0.3,0.4,0.5,0.6,0.7,0.8,0.9,1.0)
un=runif(11,0,1)
Fcn=(1-exp(-(cn/alpha)^beta))*(1+In)
Fdn=(1-exp(-(dn/alpha)^beta))*(1+In)
vn=Fcn+un*(Fdn-Fcn)
a=log((1+In)/(1+In-vn))
x=alpha*exp(1/beta*log(a))
t4=cbind(un,x)
tt1=cbind(t1,t2,t3,t4)
####################### Table 2######## 
set.seed(80)
alpha=2;beta=2;
cn=0;dn=1
In=c(0,0.1,0.2,0.3,0.4,0.5,0.6,0.7,0.8,0.9,1.0)
un=runif(11,0,1)
Fcn=(1-exp(-(cn/alpha)^beta))*(1+In)
Fdn=(1-exp(-(dn/alpha)^beta))*(1+In)
vn=Fcn+un*(Fdn-Fcn)
a=log((1+In)/(1+In-vn))
x=alpha*exp(1/beta*log(a))
t1=cbind(un,x)
cn=0.2;dn=1
In=c(0,0.1,0.2,0.3,0.4,0.5,0.6,0.7,0.8,0.9,1.0)
un=runif(11,0,1)
Fcn=(1-exp(-(cn/alpha)^beta))*(1+In)
Fdn=(1-exp(-(dn/alpha)^beta))*(1+In)
vn=Fcn+un*(Fdn-Fcn)
a=log((1+In)/(1+In-vn))
x=alpha*exp(1/beta*log(a))
t2=cbind(un,x)
cn=0.4;dn=1
In=c(0,0.1,0.2,0.3,0.4,0.5,0.6,0.7,0.8,0.9,1.0)
un=runif(11,0,1)
Fcn=(1-exp(-(cn/alpha)^beta))*(1+In)
Fdn=(1-exp(-(dn/alpha)^beta))*(1+In)
vn=Fcn+un*(Fdn-Fcn)
a=log((1+In)/(1+In-vn))
x=alpha*exp(1/beta*log(a))
t3=cbind(un,x)
cn=0.5;dn=1
In=c(0,0.1,0.2,0.3,0.4,0.5,0.6,0.7,0.8,0.9,1.0)
un=runif(11,0,1)
Fcn=(1-exp(-(cn/alpha)^beta))*(1+In)
Fdn=(1-exp(-(dn/alpha)^beta))*(1+In)
vn=Fcn+un*(Fdn-Fcn)
a=log((1+In)/(1+In-vn))
x=alpha*exp(1/beta*log(a))
t4=cbind(un,x)
tt2=cbind(t1,t2,t3,t4)

################################ Table 3######## 
set.seed(100)
alpha=3;beta=5;
cn=0;dn=1
In=c(0,0.1,0.2,0.3,0.4,0.5,0.6,0.7,0.8,0.9,1.0)
un=runif(11,0,1)
Fcn=(1-exp(-(cn/alpha)^beta))*(1+In)
Fdn=(1-exp(-(dn/alpha)^beta))*(1+In)
vn=Fcn+un*(Fdn-Fcn)
a=log((1+In)/(1+In-vn))
x=alpha*exp(1/beta*log(a))
t1=cbind(un,x)
cn=0.2;dn=1
In=c(0,0.1,0.2,0.3,0.4,0.5,0.6,0.7,0.8,0.9,1.0)
un=runif(11,0,1)
Fcn=(1-exp(-(cn/alpha)^beta))*(1+In)
Fdn=(1-exp(-(dn/alpha)^beta))*(1+In)
vn=Fcn+un*(Fdn-Fcn)
a=log((1+In)/(1+In-vn))
x=alpha*exp(1/beta*log(a))
t2=cbind(un,x)
cn=0.4;dn=1
In=c(0,0.1,0.2,0.3,0.4,0.5,0.6,0.7,0.8,0.9,1.0)
un=runif(11,0,1)
Fcn=(1-exp(-(cn/alpha)^beta))*(1+In)
Fdn=(1-exp(-(dn/alpha)^beta))*(1+In)
vn=Fcn+un*(Fdn-Fcn)
a=log((1+In)/(1+In-vn))
x=alpha*exp(1/beta*log(a))
t3=cbind(un,x)
cn=0.5;dn=1
In=c(0,0.1,0.2,0.3,0.4,0.5,0.6,0.7,0.8,0.9,1.0)
un=runif(11,0,1)
Fcn=(1-exp(-(cn/alpha)^beta))*(1+In)
Fdn=(1-exp(-(dn/alpha)^beta))*(1+In)
vn=Fcn+un*(Fdn-Fcn)
a=log((1+In)/(1+In-vn))
x=alpha*exp(1/beta*log(a))
t4=cbind(un,x)
tt3=cbind(t1,t2,t3,t4)
tt1
tt2
tt3
Figures 2-5 can be reproduced using the following R codes
######## Figure 2
set.seed(40)
alpha=3;beta=5;
cn=0;dn=1
par(mfrow=c(4,3))
for(In in c(0,0.1,0.2,0.3,0.4,0.5,0.6,0.7,0.8,0.9,1.0)){
un=runif(10000,0,1)
Fcn=(1-exp(-(cn/alpha)^beta))*(1+In)
Fdn=(1-exp(-(dn/alpha)^beta))*(1+In)
vn=Fcn+un*(Fdn-Fcn)
a=log((1+In)/(1+In-vn))
x=alpha*exp(1/beta*log(a))
hist(x,main="",xlab=expression(x[N]))
}
######## Figure 3
set.seed(80)
alpha=3;beta=5;
cn=0.2;dn=1
par(mfrow=c(4,3))
for(In in c(0,0.1,0.2,0.3,0.4,0.5,0.6,0.7,0.8,0.9,1.0)){
un=runif(10000,0,1)
Fcn=(1-exp(-(cn/alpha)^beta))*(1+In)
Fdn=(1-exp(-(dn/alpha)^beta))*(1+In)
vn=Fcn+un*(Fdn-Fcn)
a=log((1+In)/(1+In-vn))
x=alpha*exp(1/beta*log(a))
hist(x,main="",xlab=expression(x[N]))
}
######## Figure 4
set.seed(100)
alpha=3;beta=5;
cn=0.4;dn=1
par(mfrow=c(4,3))
for(In in c(0,0.1,0.2,0.3,0.4,0.5,0.6,0.7,0.8,0.9,1.0)){
un=runif(10000,0,1)
Fcn=(1-exp(-(cn/alpha)^beta))*(1+In)
Fdn=(1-exp(-(dn/alpha)^beta))*(1+In)
vn=Fcn+un*(Fdn-Fcn)
a=log((1+In)/(1+In-vn))
x=alpha*exp(1/beta*log(a))
hist(x,main="",xlab=expression(x[N]))
}
######## Figure 5
set.seed(100)
alpha=3;beta=5;
cn=0.5;dn=1
par(mfrow=c(4,3))
for(In in c(0,0.1,0.2,0.3,0.4,0.5,0.6,0.7,0.8,0.9,1.0)){
un=runif(10000,0,1)
Fcn=(1-exp(-(cn/alpha)^beta))*(1+In)
Fdn=(1-exp(-(dn/alpha)^beta))*(1+In)
vn=Fcn+un*(Fdn-Fcn)
a=log((1+In)/(1+In-vn))
x=alpha*exp(1/beta*log(a))
hist(x,main="",xlab=expression(x[N]))
}
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