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S1. SUPPLEMENTARY FIGURES
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Supplementary Figure 1. Thermal breakdown of exciton superdiffusion in 2L. Exciton transport

in 2L measured at a T = 20K, b 60K, and c 100K. Excitation fluence was 310 µJ/cm2 and the transport

was measured in the b–direction.
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Supplementary Figure 2. Exciton transport in 10L at T = TN . Comparison between the spatiotem-

poral dynamics of excitons observed at low and high excitation fluence along the b–axis. Particularly at

large fluence, two distinct slopes of ∆σ(t) indicate distinct transport regimes labeled initial and delayed

dynamics are noticeable. Error bars indicate the statistical error of the Gauss line fit.
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S2. SAMPLE DETAILS

10µm

0 1 2 3 4 5
0

5

10

H
ei

gh
t (

nm
)

Position (µm)

b c

a

h = 9.2nm

2µm

0 50 nm

Supplementary Figure 3. Determination of the crystal thickness. a Optical microscope image of

the 10L crystal. b Atomic force microscopy image recorded at the position marked by the white square

in a. c Height profile obtained at the position indicated by the white dashed line determines a crystal

thickness of h = 9.2 nm. Following Ref. [53] and the empirical relation h = 0.79N+1.12 nm, this thickness

corresponds to a layer number of N = 10.

5



S3. SPECTRAL ANALYSIS OF PL EMISSION SPECTRA UNDER INCREASING

LASER EXCITATION FLUENCES

In this section we provide arguments and analysis regarding estimated photo-excited electron-

hole-pair densities and compare them to the Mott density where excitons dissociate into dense

electron-hole plasma. The analysis presented below suggest that excitons dominate the photo-

excited density of optical quasiparticles even at the largest excitation fluences applied in our study.

Strong confinement of excitons by the magnetic AFM configuration in the out-of-plane direction,

as well as the large effective exciton mass (Ma = 10.2m0) along the in-plane a–direction lead to

excitons with very small radii and a quasi-1D density of electronic states [54]. Both render the

excitons in CrSBr particularly robust against screening by free electron-hole pairs in contrast to

other systems, such as semiconducting transition-metal dichalcogenides, for example.

Theoretical considerations. In our 10L crystal, under 1.61eV excitation, the largest exciton

density we estimate per layer is 1.3 × 1013 cm−2. Using the exciton Bohr radii (abB =4.2Å along

b- and aaB =1.3Å along a–direction) reported in a recent study [55], the approximate relation

nM ≈ 1/(πaaBa
b
B) leads to a Mott density of nM ≈ 6 × 1014 cm−2. Thus, while this relation is

known to slightly overestimate the Mott density, even for the largest excitation fluences used our

study, exciton densities are still more than one order of magnitude below the Mott transition. For

the key results presented in Fig. 1, for example, the estimated densities were substantially smaller,

one the order of 1012 cm−2 per layer.

Fluence dependence in a 10L crystal. Overall, this theoretical estimate seems to be in good

agreement with the fluence-dependent PL spectra measured in the 10L crystal. While we observe

a broadening of the PL emission spectrum, as expected for increasing fluence, the absolute increase

in linewidth is rather moderate. The PL data presented in Fig. R1 shows that the X0 linewidth

increases from 6meV at the lowest fluence to 11meV at the highest excitation fluence applied in

our study. Even at this fluence, the X0 exciton peak is still clearly visible and does not change

its spectral shape. Moreover, we find that the integrated PL intensity of the X0 peak increases

linearly up to exciton densities as large as ∼ 5 × 1012 cm−2. As also noted above, most of the

transport measurements reported in our study are conducted in this linear regime, suggesting the

optical excitations are predominantly comprised of excitons. Even at larger densities, the main

effect appears to be the onset of the saturation of the PL emission signal, not exciton dissociation.

Fluence dependence in a 2L crystal. It is important to note that much smaller fluences are

required in order to observe pronounced transport phenomena in 2L, because exciton transport
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Supplementary Figure 4. Spectral analysis of the fluence-dependent PL emission at T = 4K

in the 10L crystal. a PL emission spectra obtained under different excitation fluences. b Spectral width

of the X0 exciton emission peak determined from Lorentzian fits (black dashed lines in a) as a function

of exciton density. Error bars indicate the statistical error of the Gauss fits (dashed lines) shown in a.

c Corresponding integrated intensity of the X0 emission peak. Conversion of excitation fluence to exciton

density as shown in Extended Data Fig. 2. Blue-shaded rectangles mark the regime used to study exciton

transport. Laser excitation energy was set to 1.61 eV.

in these crystals is superdiffusive and exceptionally fast. Hence, our 2L transport measurements

(with very few exceptions) were conducted entirely in the linear response regime. This regime is

marked by the gray rectangle in Fig. R2. It is characterized by a linear scaling of the integrated

PL intensity as a function of excitation fluence, consistent with the excitonic regime below the

Mott transition. Moreover, we note that the linewidth of the 2L emission increases only slightly,

from 14meV to 17meV, similar to the thicker samples. Strong screening effects that dissociate the

excitons into an electron-hole plasma are therefore not expected at the fluences we used to study

exciton transport also in the 2L crystals.
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Supplementary Figure 5. Spectral analysis of the fluence-dependent PL emission in a 2L

crystal at T = 4K. a PL emission spectra obtained under different excitation fluences. b Full width

at half maximum (FWHM) of the PL signal determined from the numerical integral as a function of

the exciton density. c Corresponding integrated intensity of the full PL spectrum under increasing ex-

citon densities. Blue-shaded rectangles mark the regime used to conduct the majority of 2L transport

measurements. Laser excitation energy was set to 1.61 eV.
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S4. DIFFERENCES IN THE OPTICAL PROPERTIES OF 2L AND 10L
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Supplementary Figure 6. Analysis of exciton properties in a 2L. a Spatial PL map recorded

at T = 4K. b Comparison between PL spectra measured at 4K and at 100K. c Integrated total PL

emission as a function of temperature. d PL lifetime determined by a single exponential fit as a function

of temperature. e Exciton propagation velocity as a function of temperature.
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Supplementary Figure 7. Analysis of exciton properties in a 10L. a Spatial PL map recorded

at T = 4K. b Comparison between PL spectra measured at 4K and at 100K. c Integrated total PL

emission as a function of temperature. d PL lifetime determined by a single exponential fit as a function

of temperature. e Exciton propagation velocity as a function of temperature.
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S5. DISCUSSION OF OTHER EXCITON TRANSPORT MECHANISMS

Here we discuss the exciton and magnon transport in CrSBr from a general theoretical stand-

point. Based on the experimentally observed spatial, ∼ µm, and temporal, ∼ 10 . . . 100 ps, scales

of exciton propagation we conclude that the most appropriate description of the propagation of

quasiparticles is the drift-diffusion model. It is because the spatial and temporal scales exceed mi-

croscopic lengths and times related to the mean free path, scattering time, de Broglie wavelength,

etc. of excitons. We start with the linear diffusion model in Sec. S5A, then analyze possible non-

linear effects within the excitonic system including the exciton-exciton annihilation (Auger-like

effect, cf. Section S5B), and Seebeck effect related to heating of the exciton gas (cf. Section S5C).

Then, we address the intertwined propagation of excitons and magnons in Section S7.

A. Linear exciton diffusion

The diffusion equation for the exciton density n(r, t), where r = (x, y) is the in-plane position

vector and t is time, for an anisotropic van der Waals semiconductor can be written as

∂n

∂t
+
n

τ
=

(
Dxx

∂2

∂x2
+Dyy

∂2

∂y2

)
n. (S1)

Here we assumed that x and y are the principal axes in the sample plane along the crystallographic

a– and b–direction, τ is the exciton lifetime related to the radiative and non-radiative recombina-

tion processes and Dxx, Dyy are the exciton diffusion coefficients. Microscopically, the diffusion

coefficients are related to the velocity autocorrelation functions [56, 57] in the form

Dαα =

∫ ∞
0

〈vα(t)vα(0)〉dt, (S2)

where α = x, y is a Cartesian subscript and vα is the velocity component. Based on the observed

values of diffusivity we assume semiclassical exciton propagation where the autocorrelation function

takes the form

〈vα(t)vα(0)〉 = 〈v2
α(0)〉e−t/τs , (S3)

where τs is the scattering time and 〈v2
α(0)〉 = kBT/Mα with kB being the Boltzmann constant, Mx

and My being exciton translational masses along the principal axes of the structure.

As a result, for the linear diffusion coefficients we have

Dxx =
kBT

Mx

τs, Dyy =
kBT

My

τs. (S4)
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Supplementary Figure 8. Estimated temperature dependence of linear diffusion coefficients.

a Spectral broadening of the X0 emission peak determined from temperature-dependent PL measurements

(black circles). Deconvolution removes contributions from inhomogeneous broadening Γinh (blue circles).

Solid line represents the fit described in the text. Inset shows X0 line broadening in the low-temperature

range. b Effective diffusion coefficients estimated from Eq. (S4) for different broadening parameters Γ and

crystallographic directions (a: turquoise, b: red).

This result also follows from the kinetic equation, see Sec. S5C. Equation (S4) shows that the

linear exciton diffusivity is strongly anisotropic since Mx 6= My in CrSBr.

To obtain further insight into the linear exciton diffusion scenario we estimate the diffusion

coefficients (S4) based on the bandstructure from Ref. [26] which yieldsMx = 10.2m0,My = 0.6m0

and τs extracted following Ref. [58] from the temperature dependence of the exciton linewidth

broadening Γexp assuming the relation

Γexp = τ−1
s , (S5)

which is valid for a number of relevant scattering mechanisms, particularly in the case of long-

wavelength acoustic phonon scattering.

The experimentally determined broadening is plotted in Fig. 8a. We fit Γexp by a standard

model, Γexp(T ) = Γ0 + c1T + c2/ exp
[
(E∗ph/kBT )− 1

]
, with c1,2 scaling parameters, Γ0 a temper-

ature independent parameter, and E∗ph as an effective average phonon energy. The contribution

∝ c1 effectively accounts for the exciton interaction with long-wavelength acoustic phonons with

linear dispersion and the contribution ∝ c2 accounts for the coupling of excitons with optical and

zone edge phonons with flat dispersion. We estimate Dαα(T ) for two cases of the scattering time

τs(T ). First, we use τ−1
s (T ) = Γexp(T ) to determine Dαα(T ) along a– and b–directions (solid

lines in Fig. 8b). This estimate assumes all processes contributing to Γexp(0) involve momentum

12



scattering and thus impact the diffusion of excitons. Second, we consider the role of inhomoge-

neous broadening [58] and that momentum scattering by acoustic phonons dominates at very low

temperatures. Deconvolution of Γexp(T ) with Γinh = 8meV renders the blue circles in Fig. 8a.

The corresponding temperature dependence of the exciton diffusion coefficient is plotted as dashed

dotted lines in Fig. 8b for transport along a– and b–directions.

B. Exciton-exciton annihilation

Diffusion Eq. (S1) assumes linear, monomolecular exciton recombination. At elevated exciton

densities, bimolecular exciton recombination processes become important. In particular, exciton-

exciton (X-X) annihilation where, as a result of the collision, one exciton non-radiatively recombines

and the second one takes the corresponding energy and momentum [36, 59–61]. Such processes

are generally described by a non-linear, quadratic recombination term [56],

∂n

∂t
+
n

τ
+RAn

2 =

(
Dxx

∂2

∂x2
+Dyy

∂2

∂y2

)
n, (S6)

and the coefficient RA. Following Refs. [30, 62], we obtain an increase of effective diffusion coeffi-

cients in the form

D∗αα = Dαα +RA
N0

8π
, (S7)

where the initial exciton distribution is taken in the Gaussian form

n(r, 0) =
N0

πr2
0

e−r
2/r20 , (S8)

with N0 being the number of injected excitons while r0 determines the size of the excitation spot.

We stress that the enhancement of D∗αα is mainly related to the modification of the shape of the

exciton profile which becomes more flat at the top due to an efficient increase of the recombination

rate at the spot center with the highest n(r, t). An important consequence of this result is the fact

that the enhancement of the effective diffusivity is isotropic regardless of the strong anisotropy of

the linear diffusion coefficients.

From our time-resolved PL measurements, we can directly estimate the impact of X-X an-

nihilation in our experiments. Figure 10 shows the changes in the exciton decay dynamics we

observe at T = 4, 132, and 300K when increasing the excitation fluence. The slope of the fluence-

dependent increase of the initial decay rate Γint directly determines the annihilation coefficients

RA displayed in the inset. Using these coefficients as input allows us to model the temporal evolu-

tion of ∆σ2 under the impact of X-X annihilation by the non-linear transport equation Eq. (S6).

13



In Fig. 9a,b, we directly compare the simulated results obtained for two different exciton densi-

ties with the corresponding values of ∆σ2 measured in our experiments. For the simulation, we

use r0 =
√

2σ0 ≈ 0.6 µm for the width of the initial exciton distribution, which we determined

by imaging the laser profile on our CCD detector. For the exciton densities, we exemplarily use

n(0, 0) = 1.3× 1012 cm−2 and n(0, 0) = 1.3× 1013 cm−2, which in our experiments corresponds to

an excitation fluence of 310µJ/cm2 and 3100µJ/cm2, respectively.

The grey diamonds plotted in Fig. 9 are obtained by imposing a linear fit onto the non-linear

dynamics of the simulated ∆σ2(t) values in the first 50 ps, similar to the analysis of the corre-

sponding experimental data sets. This facilitates a meaningful comparison between the effective

diffusion coefficients obtained from the simulated and the measured values of ∆σ2(t).

As can be seen in Fig. 9, the simulated values of ∆σ2(t), which include the contribution from

X-X annihilation, lead to a non-linear increase as a function of time. At T = 4K and 132K, we

find a significant discrepancy between the simulated and measured values of ∆σ2(t), indicating

that X-X annihilation does not dominate the experimentally observed exciton transport dynamics.

Moreover, the annihilation coefficient increases monotonously with temperature and does not ex-

hibit a maximum at the Neél temperature, in particular. We thus conclude that X-X annihilation

is not responsible for the signatures of exciton transport, such as the lack of in-plane anisotropy,

observed in our experiments at low and moderate . 150 K temperatures. At T = 300K, however,

good agreement between the measured and the modeled values of ∆σ2(t) implies a major impact

of the X-X annihilation effect on the transport dynamics of excitons measured in our experiments.

Besides the influence of X-X annihilation on exciton transport, we also note that interactions

between optically created electron-hole pairs can result in their repulsion and an effective increase

of the observed exciton diffusion coefficient. This effect, however, is expected to be anisotropic due

to the Einstein relation between the exciton mobility and the diffusion coefficients, thus inheriting

the anisotropy of Dαβ (further discussion provided below).

Discussion of key experimental results in the context of exciton-exciton annihilation.

Exciton-exciton annihilation effects are well-known to dominate exciton diffusion coefficients in

many systems under elevated excitation conditions, as was found to be the case in several earlier

studies of exciton transport in monolayer transition metal dichalcogenides [30, 63, 64]. Below, we

therefore discuss point by point that key exciton transport signatures in CrSBr cannot be explained

by exciton-exciton annihilation effects.
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1. Maximum of D∗ near the Néel temperature. This is one of the central results of

our study and a robust observation that is confirmed by measurements using two different

excitation energies (at 1.61 eV, off resonance, and at 1.77 eV, in resonance with B-excitons).

We find that D∗ exhibits a maximum near TN not only at large fluence but in fact across

a vast range of laser excitation fluences. This maximum is even observed at the smallest

fluences applied in our work (see, e.g., Extended Data Figs. 4 & 8). It cannot be explained

by Auger recombination effects, since the extracted Auger rates substantially underestimate

the resulting effective diffusion coefficients but also do not exhibit a maximum at the Néel

temperature. Instead, they show a smooth temperature dependence, somewhat similar to

that in transition metal dichalcogenides monolayers.

2. Exciton contraction & anisotropy at low fluence. At low temperature and for a

sufficiently small fluence, we consistently observe a contraction of the exciton cloud. This

phenomenon was measured in 2L, 4L, 10L & 11L thick crystals. Moreover, exciton transport

is anisotropic under these conditions, because contraction is only prominently observed along

the crystallographic b-direction. With respect to these observations, Auger recombination

can neither account for contraction nor the resulting anisotropy, while the drag of excitons

by magnons with negative group velocity may provide a reasonable explanation, as discussed

in detail in Supplementary Section S7.

3. 2L superdiffusion. The superdiffusive behavior of excitons in 2L crystals is a robust

phenomenon observed in 2L sampes both with and without hBN encapsulation. In contrast,

Auger recombination would lead to sub-diffusive propagation dynamics with faster initial

expansion that slows down over time as the exciton density decreases. It thus does not

provide an explanation for this phenomenon either.

4. Fluence dependence & nearly isotropic transport. These observations can result

from Auger recombination. Indeed, both the fluence dependence of D∗ and the observation

of (nearly) isotropic transport can be signatures of Auger effects. However, even with re-

spect to fluence dependence itself, Auger recombination quantitatively fails to account for

the majority of experimental conditions explored in our study. This is especially clear for

transport at the Néel temperature: Here, we observe the strongest fluence-dependence of

D∗ and almost isotropic exciton transport. In order to estimate whether Auger effects can

be responsible for the observed effects, we analyze the changes in the initial PL decay dy-
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namics induced by increasing fluence (cf. Fig. 10). Excitation density dependent increase

of the initial rate provides an independent, quantitative evaluation of the Auger recombina-

tion (see also discussion above). However, the magnitude of the effect consistently fails to

explain the dependence of D∗ observed along a– and b–directions by more than one order of

magnitude. This strongly contrasts the results of similar analysis directly comparing density

dependent recombination and diffusion in non-magnetic 2D semiconductors [30, 63]. In the

case of CrSBr, to explain the experimental observation, the initial decay rate would need to

be as short as one picosecond, which is clearly not within the margins of error in Fig. 10.

Similar arguments can be made for our results at low temperature (T = 4K). Only at room

temperature, we find that Auger effects can strongly contribute or may even determine the

exciton transport observed in our experiments. For all other conditions, this is not the case.

5. Linear fluence-dependence of PL intensity. Lastly, we emphasize that our transport

measurements are performed in a range of fluences characterized by a primarily linear PL

response. This is shown in Fig. S4 for the example of our 10L crystal. Only for the largest

fluence values we observe a small deviation of the PL intensity from a linear response. This

provides further evidence that Auger recombination effects are not dominating the PL decay,

especially at small to intermediate fluence levels.

C. Exciton Seebeck effect

Excess energy stored in the course of X-X annihilation results in local heating of excitons and

thus energy gradients that can drive excitons. These gradients are inhomogeneous in space, because

they are proportional to n(r, t). To analyze their impact, we consider a minimum model assuming

that excitons can be described by a local temperature T (r) and a local chemical potential µ(r),

i.e., we assume that thermalization within the exciton ensemble is comparable to, or faster than,

both the propagation timescales and the energy relaxation time (the latter describes the exchange

of energy between excitons and the lattice). The temperature and chemical potential gradients

result in the directed flux of excitons. To describe the effects microscopically we use the kinetic

equation for the exciton distribution function f ≡ f(k, r, t) in the form

∂f

∂t
+ vk ·

∂f

∂r
= Q{f}, (S9)
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where the exciton velocity vk is

vk =
1

~
∂εk
∂k

=

(
~kx
Mx

,
~ky
My

)
, (S10)

and εk = ~2/2(k2
x/Mx+k2

y/My) is the exciton dispersion. In Eq. (S9), Q{f} is the collision integral.

We consider an exciton gas in quasi equilibrium whose chemical potential µ and temperature

T are smooth (on the scale of the mean free path) functions of the coordinate. Taking the exciton

distribution in the form of the quasi-equilibrium one and a small non-equilibrium correction

f(k, r, t) = exp

(
µ(r)− εk
kBT (r)

)
+ δf, (S11)

we obtain the following equation for the non-equilibrium correction δf

− vk ·
(
∇µ+

εk − µ
T

∇T

)
f ′0 = −δf

τs
, (S12)

where f ′0 is the energy derivative of the equilibrium exciton distribution function and we used the

relaxation time approximation τs for describing exciton scattering. For an anisotropic dispersion,

the scattering could be anisotropic as well, but this effect is typically weaker than the effect of the

mass anisotropy on transport parameters, see, e.g., [65, 66]. It follows from Eq. (S12)

δf = vk ·
(
∇µ+

εk − µ
T

∇T

)
f ′0τs, (S13)

and the exciton flux density reads (normalization volume is set to unity)

i =
∑
k

vkδf =
∑
k

vkτs

[
(vk · ∇µ) + (vk ·∇T )

εk − µ
T

]
f ′0. (S14)

For non-degenerate excitons, µ < 0, |µ| � kBT , Eq. (S14) can be further simplified to

iα = −Sαβ
[
−T
µ
∇βµ+∇βT

]
, Sαβ =

µ

T

∑
k

vα,kvβ,kτsf
′
0. (S15)

Here Sαβ is the tensor of Seebeck coefficients. We recall that by definition the tensors of diffusion

and Seebeck coefficients are

iα = −Dαβ∇βn− Sαβ∇βT.

The density of excitons is related to their chemical potential as

n =

√
MxMy

2π~2
kBTe

µ/kBT ⇔ µ = kBT ln

(
2π~2n

kBT
√
MxMy

)
, (S16)

and the exciton compressibility is

C =
∂n

∂µ
=

n

kBT
. (S17)
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As a result, we obtain the diffusion coefficients in the form of Eq. (S4) and Seebeck coefficients

Sαβ = (−µ/T )CDαβ:

Sxx = − µ

Mx

n

T
τs, Syy = − µ

My

n

T
τs. (S18)

Note that the anisotropy of the diffusion and Seebeck coefficients is mainly inherited from the

effective mass anisotropy. As a result, the enhancement of exciton propagation via the Seebeck

effect is expected to be strongly anisotropic: Sxx/Syy ∝My/Mx.
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Supplementary Figure 9. Impact of X-X annihilation on exciton transport. Comparison between

∆σ2(t) obtained from experiments and by simulating X-X annihilation effects for an excitation fluence

of a 310 µJ/cm2 (nx ≈ 1.3× 1012 cm2 per layer) and b 3100 µJ/cm2 (nx ≈ 1.3× 1013 cm2 per layer).

Data is shown for transport along the b–axis. Auger coefficients RA used as input for the simulation are

determined directly from excitation-induced changes of the initial exciton decay rate (see inset of e and

Section 4B for details). c-e Fluence dependence of D∗ measured for transport along a– and b–directions

at 4K, 132K, and 300K. Solid lines indicate linear fits. Grey diamonds and black lines represent the

temperature- and density-dependent contribution of X-X annihilation effects to the measured effective

diffusion coefficient D∗. Plotted values are estimates obtained from the simulation of ∆σ2(t) shown in

a,b (cf. Section 4B). Inset in c further shows the transition from exciton contraction to expansion under

increasing sample temperatures for a fluence of 310 µJ/cm2. We emphasize that the particular value of

the transition at about 25K is density dependent and thus does not represent any specific temperature.

Error bars indicate the statistical error of the ∆σ2(t) line fits.
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Supplementary Figure 10. Impact of X-X recombination on exciton transport. Exciton decay

under increasing excitation fluence at T = 4K, 132K, and 300K. Fluence-dependent changes in the initial

decay rate Γint are approximated by exponential fits. Insets: Dependence of the respective initial decay

rate on exciton density nX per layer. Line represents a fit to the data, the slope of which determines the

annihilation coefficient RA.
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S6. CALCULATION OF THE MAGNON DISPERSION
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Supplementary Figure 11. Calculation of the CrSBr magnon dispersion including exchange

and dipole-dipole coupling effects. a Magnon dispersion in the full Brillouin zone. Solid and dashed

lines in a represent the two branches plotted as red and blue lines in b. b Effects of dipole-dipole coupling

at small magnon momenta Q. Red and blue lines denote the two lowest branches of the dispersion.

c Magnon velocity for large momenta in a 10L. d Magnon velocity for very small momenta.

A. Short-range exchange interaction and basic approach

We consider a bilayer structure for illustration of the method, but note that for a quantitative

comparison with an experimental bilayer, one needs to include the impact of surface- and substrate-

related changes on the magnetic properties, or other effects. The Hamiltonian of magnetic system

(Cr ions) in the lattice representation consists of several contributions:

• The intralayer ferromagnetic interaction has the form

HFM =
∑
i,j

J〈ij〉

(
S

(1)
i S

(1)
j + S

(2)
i S

(2)
j

)
. (S19)
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Accordingly, the Fourier transform of the ferromagnetic interaction reads (the sign is selected

for convenience and in accordance with our previous notes)

JFM(k) ≡ −
∑
j−i

J〈j−i〉e
ikrj−i . (S20)

Here i, j enumerate lattice sites (Cr ions), rj−i ≡ rj − ri. Note that the ferromagnetic

interaction is isotropic.

• The interlayer exchange interaction (we consider it only for the sites one on top of the other)

HAFM =
∑
i

JintS
(1)
i S

(2)
i . (S21)

The antiferromagnetic interaction in a reciprocal space takes the form

JAFM(k) ≡ −Jint. (S22)

The antiferromagnetic interaction is also isotropic in the spin space.

• The contribution describes crystal anisotropy with the easy y-axis

Ha =
∑
i

Ax

(
S

(1)
i,xS

(1)
i,x + S

(2)
i,xS

(2)
i,x

)
+
∑
i

Az

(
S

(1)
i,z S

(1)
i,z + S

(2)
i,z S

(2)
i,z

)
. (S23)

In Hamiltonians above for CrSBr the dominant J〈ij〉 < 0, while Jint > 0, Ax > 0 and Az > 0.

In our model in the equilibrium the spins in the first and second layers are saturated along and

opposite to the y-axis.

It is convenient to introduce the coefficients

Ak = 2SJint, (S24a)

Bk = 2S
[
Jint + Ax + Az + JFM(0)− JFM(k)

]
, (S24b)

Ck = 2S(Az − Ax), (S24c)

Dk = 0. (S24d)

and express the eigenenergies of two splitted modes as

E±k =
1

2

√
(Bk ±Dk)2 − (Ak ± Ck)2. (S25)

These expressions can be explicitly written in the form

E+
k = 2S

√[
Ax +

JFM(0)− JFM(k)

2

] [
Jint + Az +

JFM(0)− JFM(k)

2

]
, (S26a)

E−k = 2S

√[
Az +

JFM(0)− JFM(k)

2

] [
Jint + Ax +

JFM(0)− JFM(k)

2

]
. (S26b)
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Equations (S25) and (S26) are derived using the standard Holstein-Primakoff transformation

introducing the Bose operators

S
(1)
− =

√
2Sa†, S

(1)
+ =

√
2Sa, S(1)

y = S − a†a,

S(1)
x =

1

i

√
S

2
(a− a†), S(1)

z =

√
S

2
(a+ a†), (S27a)

S
(2)
− =

√
2Sb, S

(2)
+ =

√
2Sb†, S(2)

y = −S + b†b,

S(2)
x =

1

i

√
S

2
(b† − b), S(2)

z =

√
S

2
(b+ b†), (S27b)

and applying the generalized Bogoliubov transform.

B. Dipole-dipole interaction

Now let us, in addition to the short-range exchange interaction, allow for the dipole-dipole

interaction of spins. We are not interested in the effect of the dipole-dipole interactions on the

ground state energy and here we study only the long-range contribution to the dispersion of

magnons. Thus, for our model, it is sufficient to neglect the distance between the layers and consider

a 2D lattice with the effective spins [the macroscopic approach allowing to consider multilayer bulk-

like crystals is presented below in Sec. S6C]

Seffi = S
(1)
i + S

(2)
i . (S28)

By virtue of Eqs. (S27) the effective spin operator can be expressed as

Seffx =
1

i

√
S

2

(
a− b− a† + b†

)
, Seffy = 0, Seffz =

√
S

2

(
a+ b+ a† + b†

)
. (S29)

The Hamiltonian of dipole-dipole interaction between the spins has a general form [67, 68]

Hdd = −~2γ2

2

∑
i 6=j

3
(
Seffi · (rj − ri)

)(
Seffj · (rj − ri)

)
− Seffi · Seffj |rj − ri|2

|rj − ri|5
, (S30)

where γ = 2µB/~(s/S) (where s ≈ 3.56/2 [69]) is the effective gyromagnetic ratio for both layers

together. The dipole-dipole interactions are important in the range of small wavevectors only,

thus, at k → 0, we can treat the system as continuous. In the continuous form Hamilonian (S30)

transforms to

Hdd = −~2γ2

2A2
0

× 4×
∫
d2r

∫
d2ρ

3
(
Seff (r) · ρ

) (
Seff (r + ρ) · ρ

)
− Seff (r) · Seff (r + ρ)ρ2

ρ5
,

(S31)
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where A0 is the area of the unit cell. The additional factor 4 is due to the presence of 2 Cr atoms

in the plane of elementary cell.

Evaluating the integrals and assuming that the short-range contributions from the dipole-dipole

interaction are included in the parameters of the basic Hamiltonian introduced in Sec. S6A we

find that the parameters Ak, . . . Dk acquire contributions due to the dipole-dipole interaction in

the form

Addk = −2S~u
k2 − k2

x

k
, (S32a)

Bdd
k = −2S~u

k2 − k2
x

k
, (S32b)

Cdd
k = −2S~u

k2 + k2
x

k
, (S32c)

Ddd
k = −2S~u

k2 + k2
x

k
. (S32d)

where we introduced the constant of the dimensionality of velocity

u = 2
π~γ2

A0

. (S33)

The energies of the magnons are

E+
k = 2S

√[
Ax +

JFM(0)− JFM(k)

2

] [
Jint + Az +

JFM(0)− JFM(k)

2
− 2~uk

]
, (S34a)

E−k = 2S

√[
Az +

JFM(0)− JFM(k)

2

] [
Jint + Ax +

JFM(0)− JFM(k)

2
+ 2~u

k2
x

k

]
. (S34b)

The branch E+
k is polarized along the z-axis and the branch E−k along the x-axis. Note that the

magnon velocity for the branch + at k → 0 can be evaluated as

u+ = −2S

√
Ax

Az + Jint
u. (S35)

C. Macroscopic approach to the dipole-dipole interaction

1. Magnetic susceptibility in the macroscopic approach

We are interested at the fine structure of the magnon dispersion in the vicinity of a Γ point. To

that end we consider only homogeneous (or almost) magnetization in the layers plane. Following

Refs. [70–72] we present the energy density in the form

w = JintÃ0

(
S(1) · S(2)

)
− AÃ0

[(
S(1) · n

)2
+
(
S(2) · n

)2
]
− ~γ1h

(
S(1) + S(2)

)
. (S36)
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Here Ã0 = A0/2 is the magnetic unit cell area (area per one spin), S(i) is the spin density in

the layer i (i = 1, 2), γ1 = −γ, h is the magnetic field acting on the spins. Here we use the

convention that the magnetization density and the spin density are related byM (i) = ~γ1S
(i). We

consider, for brevity, the axially symmetric case of Ax = Az ≡ A > 0, taking into account that(
S

(i)
x

)2

+
(
S

(i)
y

)2

+
(
S

(i)
z

)2

= const we have rewritten the anisotropic term in the form of Eq. (S36)

with n ‖ y being the unit vector along the y (easy) axis. The total energy W =
∫
d2rw.

The spin dynamics equations can be derived by variational principle in the form

dS(i)

dt
+ S(i) ×Ωi = 0, Ωi = −~−1 δw

δS(i)
. (S37)

Explicit calculation gives

Ωi = −JintÃ0

~
S (̄i) +

2AÃ0

~
n(S(i) · n) + γ1h, ī =

2 , i = 1,

1 , i = 2.
(S38)

In equilibrium at h = 0 the magnetizations are aligned antiparallel: S(2)
0 = −S(1)

0 = −S0n. In

order to determine the magnetic susceptibility we need to find magnetization induced by h. Let

δS(i) = S(i) − S(i)
0 and let mi = ~γ1δS

(i) ∝ h. Linearizing Eqs. (S37) we have

dm1

dt
=
JintÃ0

~

[
m1 × S(2)

0 + S
(1)
0 ×m2

]
− 2AÃ0

~
m1 × S(1)

0 − ~γ2
1S

(1)
0 × h, (S39a)

dm2

dt
=
JintÃ0

~

[
m2 × S(1)

0 + S
(2)
0 ×m1

]
− 2AÃ0

~
m2 × S(2)

0 − ~γ2
1S

(2)
0 × h. (S39b)

It is convenient to introduce the total magnetization densitym = m1 +m2 and the antiferromag-

netic vector density l = m1 −m2. Hence, Eqs. (S39) transform to

dm

dt
= −2AÃ0

~
l× S(1)

0 , (S40a)

dl

dt
= −2JintÃ0

~
m× S(1)

0 −
2AÃ0

~
m× S(1)

0 − 2~γ2
1S

(1)
0 × h. (S40b)

Combining Eqs. (S40) we obtain a single equation for m in the form

d2m

dt2
=

2AÃ0

~

(
2AA0

~
+

2JintA0

~

)[
m× S(1)

0

]
× S(1)

0 + 4AÃ0γ
2
1

[
S

(1)
0 × h

]
× S(1)

0 . (S41)

From Eq. (S41) we obtain the magnetic susceptiblity tensor components defined by

mα = χ2D
αβhβ, α, β = x, y, z, (S42)
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and m (as before) is the magnetic moment per unit area in the form

χ2D
yy = 0, χ2D

αβ = 0 with α 6= β, (S43a)

χ2D
xx = χ2D

zz =
F

Ω2 − ω2
, (S43b)

and

Ω2 =
4

~2
(Ã0S0)2A(A+ Jint), F = 4Aγ2

1Ã0S
2
0 = 4Aγ2

1

(Ã0S0)2

Ã0

. (S43c)

Note that F > 0.

Expression (S43c) for Ω (spin resonance frequency) is consistent with Eqs. (S26) (or Eqs. (S34))

at k = 0 taking into account that S = Ã0S0 = 3/2:

E±0 = 2S
√
A(A+ Jint) = ~Ω.

In the vicinity of the resonance ω ≈ Ω the expressions for non-zero components of the suscep-

tibility take the form

χ2D
xx = χ2D

zz ≈
f

Ω− ω
, f =

F

2Ω
= γ2

1~
√

A

A+ Jint

S

A0

. (S44)

2. Dipole-dipole interaction via susceptibility

We use the macroscopic approach for accounting for the dipole-dipole interactions in magnetic

system. To account for the dipole-dipole interactions it is sufficient to self-consistently calculate

the effect of magnetic field produced by the magnetization. We focus on the relevant case of

negligble retardation, k � ω/c where c is the speed of light, i.e., we disregard the magnons within

the light cone. In this case, it is sufficient, instead of the whole set of the Maxwell equations, to

solve only the magnetostatic equation

divh(r, t) = −4π divm(r, t), (S45a)

with additional requirement of the curl-less field

roth = 0. (S45b)

Equation (S45b) allows us to present h(r, t) = ∇θ(r, t) where θ(r, t) plays a role of potential.

We have for the three-dimensional magnetization density

m(k, ω) = χ̂2D(k, ω)h(k, ω)δ(z), or mα(k, ω) = χ2D
αβ (k, ω)hβ(k, ω)δ(z), (S46)
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where the Dirac δ-function accounts for the 2D nature of the studied system, k is the two-

dimensional wavevector. Equation (S45a) for the potential θ takes the form

∂2θk(z)

∂z2
− k2θk(z) = 4πkαkβχ

2D
αβ θk(z)δ(z)− 4π

∂

∂z
δ(z)χ2D

zz

∂θk(z)

∂z
. (S47)

Here we assumed that α, β are the in-plane Cartesian components (x, y), the components of the

susceptibility χα,z, χz,α ≡ 0 and made a Fourier transform over the in-plane coordinates.

Passing to the Fourier transform along the z-axis, θk(z) =
∑

q θk,q exp(iqz) we have from

Eq. (S47)

− (k2 + q2)θk,q = 4πkαkβχ
2D
αβ

∑
q

θk,q + 4πχ2D
zz q

∑
q

qθk,q. (S48)

Summing θk,q from Eq. (S48) and qθk,q over q we obtain the equations for the eigenmodes of the

system

1 + 2π
kαkβ
k

χ2D
αβ = 0, (S49a)

and

1− 2πkχ2D
zz = 0. (S49b)

Here we have made use the following expression∑
q

1

k2 + q2
=

1

2k
.

In derivation of Eq. (S49b) we have also excluded the depolarization shift by the following relation

(it corresponds to the inclusion of the depolarization shift into the frequency Ω)∑
q

q2

k2 + q2
=
∑
q

(
1− k2

k2 + q2

)
→
∑
q

−k2

k2 + q2
= −1

2
k. (S50)

In-plane polarized magnon

Taking the susceptibility in the resonant form, Eq. (S44), and substituting it in Eq. (S49a) we

have

ω ≡ Ω∗(k) = Ω + 2πf
k2
x

k
, (S51)

where we made use of the fact that χyy = 0. This expression describes the dispersion of the

“longitudinal” magnon in complete agreement with Eq. (S34b) at kx → 0.

Out-of-plane polarized magnon

In this case we have from Eq. (S49b) for the renormalized dispersion

Ω∗(k) = Ω− 2πfk. (S52a)
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The second term provides a negative contribution to the dispersion with the speed

u = −2πf = −2S

√
A

A+ Jint

π~γ2
1

Ã0

= −2S

√
A

A+ Jint

2π~γ2

A0

, (S52b)

in agreement with Eqs. (S34a) and (S35).

3. Dipole-dipole interaction in CrSBr bulk and multilayers

The macroscopic approach allows us to analyze the magnon dispersion for multilayer systems

as well. To that end, we introduce the (bulk) magnetic susceptibility of CrSBr tensor χ̂(k, ω) and

consider only small wavevectors (in the vicinity of the Γ-point of the Brillouin zone) such that

there are just three independent components of the susceptibility:

χxx(k, ω) =
Fxx

Ωx(k)− ω
, χzz(k, ω) =

Fzz
Ωz(k)− ω

, χyy = 0. (S53)

The χyy is zero because the y-axis is the magnetization axis. The constants Fxx,Fzz determine

the coupling of the spin waves with magnetic field and Ωx(k), Ωz(k) are the dispersions of the spin

waves found neglecting the dipole-dipole interaction.

To find the dispersion of magnons with the dipole-dipole interactions taken into account [71–73]

we solve the Maxwell’s equations (S45a) and (S45b). We consider a slab of CrSBr occupying the

space −L/2 < z < L/2 with L being the slab thickness. The standard boundary conditions of

continuity of tangential components of h and normal components of b = h+ 4πm are imposed.

We seek the solutions of Eqs. (S45) in the form

θ(r) = Θ(z)eikr, (S54)

where k = (kx, ky) is the in-plane wavevector. Our approach follows the procedure outlined in

Ref. [51, 72].

In-plane polarized magnons

To study x-polarized magnons let us consider the frequencies ω ≈ Ωx and assume that only χxx

plays a role (the magnetization is in the plane of the slab). It follows from Eq. (S45) that

∂2Θ(z)

∂z2
− k2Θ(z) =

4πk2
xχxxΘ(z), |z| < L/2,

0, |z| > L/2,
(S55)

where k2 = k2
x + k2

y. The boundary conditions are

Θ(z)|z=±L/2 is continuous,
∂Θ(z)

∂z

∣∣∣∣
z=±L/2

is continuous. (S56)
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We are looking for the lowest frequency mode only and, accordingly, seek for the solution that

corresponds at k→ 0 to a homogeneous magnetization. Hence,

Θ(z) =

cos (k̃z), |z| < L/2,

cos (k̃L/2) exp{[−k(|z| − L/2)]}, |z| > L/2,
(S57)

where1

k̃2 = −k2 − 4πχxxk
2
x. (S58)

The boundary conditions (S56) result in the equation for the eigenmodes

tan

(
k̃L

2

)
=
k

k̃
. (S59)

For k → 0 we can find solution of Eq. (S59) analytically decomposing the left- and right-hand

sides in series in small kL with the result

k̃L

2
=
k

k̃
⇒ k̃2 =

2k

L
.

Combining this expression with Eqs. (S53) and (S58) we have

ω ≡ Ω∗x(k) = Ωx(k) + 4πFxx
k2
x

2k/L+ k2
. (S60)

In particular, for k → 0 we obtain

Ω∗x(k) = Ωx(k) + 2πFxxL
k2
x

k
. (S61)

Equation (S61) demonstrates that the x-polarized magnon branch has anisotropic linear-in-k in the

dispersion for small wavevectors in agreement with Eq. (S51). The factor FxxL = f in Eqs. (S44)

and (S51). The absolute value of the magnon velocity at small wavevectors increases with increase

in the thickness. For large kL � 1 the magnon dispersion reaches Ω∗x(k) ≈ 4πFxx, namely, the

bulk longitudinal magnon frequency. True asymptotics at kL→∞ can be derived to be

Ω∗x(k) = Ωx(k) + 4πFxx
[
1−

( π

kL

)2
]
. (S62)

Out-of plane polarized magnons

1 The modes we study have frequencies in the range Ωα(k) 6 ω 6 Ωα(k) + 4πFαα where 1 + 4πχαα is negative.

As a result k̃ is real.
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Now we turn to the z-polarized magnons. To that end we consider the frequencies ω ≈ Ωz and

take into account χzz component of the susceptibility. In this way, we arrive from Eq. (S45) at

∂2Θ(z)

∂z2
− k2Θ(z) =

−4π ∂
∂z
χzz

∂
∂z

Θ(z), |z| < L/2,

0, |z| > L/2,
(S63)

For z-polarized waves we have the boundary condition in the form

Θ(z)|z=±L/2 is continuous,
∂

∂z
[1 + 4πχzz]Θ(z)

∣∣∣∣
z=±L/2

is continuous. (S64)

It is convenient to assume that χzz is a function of z that turns to zero outside the slab.

We look for solution where Θ(z) is an odd function of the coordinate (note that hz = ∂Θ/∂z,

hence, to have an even hz the potential should be odd). Introducing

k̃2 = − k2

1 + 4πχzz
, (S65)

we arrive at the following form of Θ(z):

Θ(z) = −

sin (k̃z), |z| < L/2,

sign z sin (k̃L/2) exp{[−k(|z| − L/2)]}, |z| > L/2.
(S66)

By virtue of the boundary conditions (S64) we obtain the equation for the eigenmodes

cot

(
k̃L

2

)
= − k

(1 + 4πχzz)k̃
. (S67)

Similarly to the analysis for the x-polarized modes, we consider the limit of k → 0 (strictly

speaking, kL� 1) and decomposing the cotangent for small argument arrive at

2

L
= − k

(1 + 4πχzz)
⇒ 1 + 4πχzz = −kL

2
,

and using Eq. (S53) we finally obtain

ω ≡ Ω∗z(k) = Ωz(k) + 4πFzz
1

1 + kL/2
. (S68)

In particular, for k → 0 we obtain

Ω∗z(k) = Ωz(k) + 4πFzz − 2πFzzLk. (S69)

For kL� 1 we have from Eq. (S67)

Ω∗z(k) = Ωz(k) + 4πFzz
( π

kL

)2

. (S70)
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Equation (S69) shows that the z-polarized magnon branch has an isotropic k-linear contribution

to the dispersion with negative slope. Equation (S69) is in agreement with Eqs. (S35) and (S52).

Naturally, for kL � 1 the system is essentially two-dimensional and the dispersion is linear in

the k. The propagation velocity linearly increases with the thickness L, but the range of validity

of linear dispersion shrinks with increase in the thickness. The relation between the bulk and

two-dimensional susceptibilities is basically the same as for the dielectric susceptibilities in two-

dimensional transition metal dichalcogenides:

χ2D
αβ = χ3D

αβL. (S71)

Note that this expression is approximate for actual bilayer or four-layer CrSBr samples due to

atomistic effects and in that case the magnetic response of a few layer CrSBr is more rigorously

described within a two-dimensional model (S46).
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S7. MAGNON-EXCITON DRAG EFFECT

We turn now towards discussing the coupled propagation of excitons and magnons. As outlined

in the main manuscript, we assume that the optical excitation of the sample generates both excitons

and magnons. These quasiparticle ensembles form a two-component system with mutual drag

caused by the interactions of excitons and magnons. Below we discuss basic scenarios of the

magnon-exciton drag effect within a semi-phenomenological model.2

A. Exciton-magnon interaction

Microscopically, the exciton-magnon interaction can be easily understood for a two-layer case

where canting of spins in the two magnetic sublattices with spins S(1) and S(2) results in the

variation of the exciton energy, e.g., due to electron and hole interlayer tunneling in the canted

configuration. In this case, intralayer excitons become mixed with the interlayer ones and their

energy decreases. We present the exciton energy variation as a function of layer magnetization in

the form (cf. Refs. [4, 7, 8]):

V = Ξ

∫
drX †(r)X (r)

[
S2 + S(1)(r) · S(2)(r)

]
, (S72)

which is related to a local coupling of the intralayer exciton with the higher-in-energy interlayer

one. In Eq. (S72), Ξ ≡ Ξ(S) < 0 is the parameter, and X †, X are the exciton creation and

annihilation operators. The combination is

S2 + S(1)(r) · S(2)(r) = 2S2 cos2 (θ/2), (S73)

where θ is the angle between the vectors S(1) and S(2). Equation (S72) demonstrates the reduction

of the exciton energy for Ξ < 0 if the magnetizations in the layers are canted with respect to their

equilibrium S(1) = −S(2) = Sŷ orientations.

It is convenient to introduce

S
(1,2)
± = S(1,2)

z ± iS(1,2)
x , (S74)

obeying the commutation relations

S
(1,2)
+ S

(1,2)
− − S(1,2)

− S
(1,2)
+ = 2S(1,2)

y , S(1,2)
y S

(1,2)
± − S(1,2)

± S(1,2)
y = ±S(1,2)

± . (S75)

2 A detailed theory of the magnon-exciton interactions and drag based on the microscopic Hamiltonian and kinetic

equation will be presented elsewhere.
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Let S(1)
y = −S(2)

y ≡ S > 0 (antiferromagnetic configuration at saturation). In the case of classically

large spin we can use the Holstein-Primakoff transformation [70] and present the spin operators in

the approximate form

S
(1)
− =

√
2Sa†, S

(1)
+ =

√
2Sa, S(1)

y = S − a†a, S(1)
x =

1

i

√
S

2
(a− a†), S(1)

z =

√
S

2
(a+ a†),

(S76a)

S
(2)
− =

√
2Sb, S

(2)
+ =

√
2Sb†, S(2)

y = −S + b†b, S(2)
x =

1

i

√
S

2
(b† − b), S(2)

z =

√
S

2
(b+ b†),

(S76b)

via bosonic operators a, a†, b, b†. Making use of Eq. (S76), we obtain (keeping only the lowest

powers of the a and b operators)

V = ΞS

∫
drX †(r)X (r)

[
a†(r)a(r) + b†(r)b(r) + a†(r)b†(r) + a(r)b(r)

]
. (S77)

Operators a, a†, b, b† are linearly related (via the Bogoliubov transform) with the magnon creation

and annihilation operators. Thus, Eq. (S72) shows that only two-magnon processes are of impor-

tance: exciton can be scattered by the magnon or can emit or absorb two magnons simultaneously.

To obtain deeper insight into this two-magnon-exciton interaction, let us analyze the exciton-

magnon interaction from the symmetry standpoint. We focus on the coupling between a non-

degenerate optically active exciton state (allowed in y polarization) that transforms according

to the B2u or Γ−2 irreducible representation of the D2h point group. The effective Hamiltonian of

exciton-magnon interaction should be invariant under all point-group transformations. Since B2u×

B2u = Ag (or Γ+
1 , identity representation) the only components or combinations of components of

magnetization that enter the coupling Hamiltonian should be invariant. In our case it is Sy, S2
y , S2

x,

S2
z , . . . (in each layer the magnetization is either parallel or antiparallel to the easy-y-axis, thus Sy

is invariant). These combinations are quadratic in the magnon operators, thus only two-magnon

processes are possible at zero external magnetic field in agreement with the microscopic analysis

presented above.

B. Two component exciton-magnon drift-diffusion

Under the same assumptions as in Section S5A, let us derive phenomenological equations de-

scribing the propagation of excitons and magnons. Introducing m(r, t), the magnon density3,

3 Here, for simplicity, we sum over all magnon branches.
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we obtain, assuming its smooth variation in space and time, the set of continuity equations for

magnons and excitons

∂m

∂t
+ ∇ · j +Rm{m} = Gm, (S78a)

∂n

∂t
+ ∇ · i+Rx{n} = Gx. (S78b)

Here j and i are the magnon and exciton fluxes, Gm and Gx the magnon and exciton generation

rates, respectively, Rm{m} and Rx{n} are the operators describing relaxation of the quasiparticles,

e.g., Rx{n} = n/τ +RAn
2 describing monomolecular and bimolecular recombination of excitons.

Within the drift-diffusion approach, the fluxes should be related to the density gradients and

interparticle drag forces related to exciton-magnon interaction. We focus here on the exciton flux

and present it in the form

i = idiff + idr, (S79)

via the diffusive idiff,α = −Dαβ∂n/∂xβ and idr components. We recast the drift contribution as

idr = nv, (S80)

where v is the exciton drift velocity determined as an average over the exciton ensemble

v =
∑
k

vkfk, (S81)

in terms of a non-equilibrium distribution function of excitons fk. Similarly, the drift flux of

magnons reads

jdr = mu, (S82)

where u is the magnon drift velocity.

Due to the exciton-magnon interaction the exciton and magnon velocities are coupled as

dvα
dt

+ Γ0
αβvβ + Γmαβ(vβ − uβ) = M−1

αβ Fβ. (S83)

Here Γ0
αβ is the exciton momentum relaxation rates tensor unrelated to the exciton-magnon scat-

tering (due to phonons, disorder, etc.) and Γmαβ is the tensor of exciton-magnon scattering rates.

The rates Γmαβ can depend on the excitation power due to magnon population. In Eq. (S83), F

is the external force acting on the excitons (due to the Seebeck effect of excitons, exciton-exciton

repulsion4 or phonon drag/wind), see Refs. [40–42, 74–77] for details.

4 In the presence of effective exciton-exciton repulsion F ∝ ∇n and effective diffusion coefficient is enhanced.

However, this enhancement is anisotropic due to inverse effective mass factor in the right hand side of Eq. (S30),

see also Sec. S5 and Refs. [1,7] for details.
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Assuming that F = 0 and that x and y are the principal axes of the structure, we have in the

steady state

vα = uα
Γmαα

Γ0
αα + Γmαα

, α = x or y. (S84)

At Γm � Γ0 (conventional, linear drag regimes), the exciton velocity v � u. In this case only a

small fraction of magnon momentum is transferred to excitons. At Γm � Γ0 (a lot of magnons,

highly nonlinear regime) the exciton velocity saturates at u irrespectively of its direction. Thus,

the propagation speed of excitons is limited by the magnon speed.

Equation (S84) is the central result of our model. It allows to understand key features of the

exciton propagation in few-layer CrSBr:

1. Fast exciton propagation with effective diffusion coefficients exceeding by far the estimates

based on the exciton linear diffusion model in Sec. S5A. Indeed, we assume that for a wide

range of excitation powers used in experiment the magnon occupancies are high and exciton-

magnon scattering dominates over the exciton momentum relaxation related to phonon and

disorder scattering:

Γm & Γ0. (S85)

In that case exciton propagation velocities are close to those of magnons. The exciton

transport velocities (∼km/s) observed in our experiment are in overall good agreement with

the transport velocities of magnons reported in recent studies [7].

2. Maximum of the effective exciton diffusion coefficient in the vicinity of the Néel temperature

TN : An increase in the magnon occupancies as the temperature T approaches TN results in

the increase of Γm. As a result, the effective diffusion coefficient of excitons should have a

maximum at T ≈ TN .

3. Almost isotropic exciton propagation: Under condition (S85), the excitons co-propagate

with magnons whose dispersion is just weakly anisotropic in contrast to that of excitons (cf.

Refs. [7] and [26]). Hence, the magnon cloud expands virtually isotropically and due to

exciton-magnon interactions, the expansion of the exciton cloud follows the magnon cloud

expansion.
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C. Contraction of the exciton cloud

We briefly discuss two mechanisms potentially responsible for the contraction of excitons ob-

served in our measurements at low temperature and under low excitation fluence (see, for example,

Fig. 3 of the main manuscript). In the first mechanism, we consider that optical excitation may

locally create a transient, attractive potential for excitons which leads to exciton funneling, an

effect that would be observed as negative transport (contraction) in our experiments. From a com-

parison with our numerical model, however, we conclude that the intrinsic diffusion coefficients

required in this model to match our experimental results are unreasonable. We therefore also

consider that the negative group velocity of low-frequency, Γ-point magnons in CrSBr reported in

a recent study [21] could lead to a negative magnon-exciton drag effect.

1. Excitation-induced transient attractive potential

With the drift-diffusion model, we estimate the transport of excitons in the presence of an

attractive, excitation-induced transient potential. Such a potential may in principle be created by

the distortion of the magnetic order in the region of optical excitation, as is discussed in the main

text in the context of Fig. 2. It is important to note, however, that negative transport of excitons

is only observed under low excitation fluence. The density of thermal fluctuations (incoherent

magnons) induced in this case are therefore small. Nonetheless, they may lead to a local minimum

in the exciton energy landscape. From optical spectroscopy, however, we can conclude that the

depth of this potential cannot be more than ≈ −1meV; otherwise, it would lead to notable spectral

shifts of the exciton emission peak in the upper panel of Fig. 2c of the main manuscript.

We therefore model exciton transport by including in the left-hand side of kinetic Eq. (S9) the

force term
F

~
· ∂f
∂k

, where F = −∇V (r, t), (S86)

where V (r, t) is the attractive potential produced by the magnon cloud. As a result, the diffusion

Eq. (S1) takes the form

∂n

∂t
+
n

τr
=
∑
α,β

Dαβ

[
∂2

∂xαxβ
n+

1

kBT

∂

∂xα
n
∂V

∂xβ

]
. (S87)

Figure 12b shows the results of a simulation of exciton transport within this model with

V (r, t) = −V0 exp

(
−r

2

r2
0

− t

τε

)
, (S88)
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Supplementary Figure 12. Simulation of exciton transport dynamics in the presence of an

attractive potential. a Sketch of the attractive potential considered in the model. Spectral analysis of

the X0 emission peak limits the depth of the potential to V0 ≈ 1meV. b Calculated time evolution of ∆σ2

for different values of the exciton diffusion coefficient D. Depth of the potential used in the simulations is

V0=1meV, the exciton lifetime is τ=15ps, and T=5K. The decay constant of the potential is τε = 2τ for

all curves except for the yellow dashed line (τε = 6τ). Blue dots and line represent ∆σ2 values measured

in a 10L crystal under 155 µJ/cm2.

where r0 is the excitation spot size [cf. Eq. (S8)], V0 > 0 is the depth of the potential well created

by the magnons, and τε is the decay time of this potential. It is seen from Fig. 12b that to

describe the dynamics of ∆σ2(t) for a reasonable depth of the potential well and realistic values of

temperature, the diffusion coefficient should significantly exceed the value estimated on the basis

of the linewidths.

2. Negative magnon group velocity and exciton-magnon drag

Another possible scenario for the contraction of the exciton cloud is related to the specifics

of the magnon dispersion in CrSBr in the region of small wavevectors k . 1 µm−1, which are

the result of dipole-dipole interaction in the spin system. Indeed, as demonstrated theoretically

and experimentally [21] the group velocity of one of the magnon branches becomes negative or,

strictly speaking, the group and phase velocities become antiparallel (see Fig. 11 and also Fig. 3b
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of Ref. [21]):

vg,− =
∂ω−(k)

∂k
↑↓ k. (S89)

As a result, two effects become possible

1. The non-equilibrium magnon can contract, since magnons with negative group velocity can

propagate towards the density gradient in contrast to the equilibrium diffusion where the

particles propagate against the density gradient.

2. The direction of exciton drag can be opposite to the direction of the magnon propagation as

a result of the negative magnon dispersion in the energy and momentum conservation laws

underlying exciton magnon collisions.

Below we present a model which demonstrates that the exciton drag can be opposite to the

direction of magnon propagation (scenario 2 above).

3. Kinetic approach to exciton contraction

We present the kinetic equation (S9) for the exciton distribution function in the form

∂f

∂t
+ vk

∂f

∂r
= Q0{f}+Qm{f,m}, (S90)

where we explicitly separated the collision integral in two contributions Q0{f} and Qm{f,m} that

describe exciton scattering by static disorder/phonons and by magnons, respectively. Hereafter we

omit all irrelevant arguments of the distribution function for brevity.

In the case of exciton-magnon scattering (2 magnon processes) the collision integral describing

the process

exciton k + magnon p→ exciton k + q + magnon p− q,

where q is the transferred wavevector, reads

Qm{f,m} =
∑
q,p

2π

~
|M(k,p; q)|2δ(εk + Ep − εk+q − Ep−q)

× {f(k + q)[1 + f(k)]mp−q[1 +mp]− f(k)[1 + f(k + q)]mp[1 +mp−q]}. (S91)

Here M(k,p; q) is the appropriate matrix element, εk is the exciton dispersion, Ep is the magnon

dispersion [for simplicity we consider only one branch], mp is the (nonequilibrium) magnon distri-

bution function. Equation (S91) accouts for the processes where exciton with the wavevector k
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and magnon with the wavevector p scatter each other and, as a result, exciton arrives at the state

with the wavevector k + q and magnon to the state p − q (and the reverse process), where q is

the scattering wavevector.

We neglect exciton exciton collisions and assume that the magnon distribution function mp (p

is the magnon wavevector) is in the form

mp = m0(Ep) +m′0(Ep)τm(Vp∇µm). (S92)

Here, the first term, m0(Ep), is the isotropic quasi-equilibrium magnon distribution function, and

the second term represents the non-equilibrium contribution related to the magnon propagation,

τm is the magnon relaxation time, µm is the magnon chemical potential, and Vp = ~−1∂Ep/∂p

is the magnon velocity. We use the notation m′0(Ep) = dm0/dEp. Note that the total magnon

velocity described by the distribution function (S92)

u =

∑
p Vpm

′
0(Ep)τm(Vp∇µm)∑
pm0(Ep)

= τm
∇µ

2

∑
p V

2
pm

′
0(Ep)∑

pm0(Ep)
↑↓∇µ. (S93)

The magnon flux is counter to the gradient of chemical potential, as expected (m′0 < 0 for equilib-

rium distribution) regardless the sign of the magnon dispersion.

Linearizing the collision integrals and solving the kinetic equation we arrive at

δf(k) = τp ×
2π

~
f ′0(εk)

∑
p,q

|M(k,p; q)|2δ(εk + Ep − εk+q − Ep−q)m0(Ep)

× τm [(Vp−q − Vp) ·∇µm] , (S94)

where as above we assumed that the occupancies of the states are small, f ′0(εk) = df0/dε and

τp is the exciton momentum relaxation time contributed both by exciton-magnon and exciton-

phonon/disorder collisions [cf. Eq. (S83)]

1

τp
= Γ0 + Γm.

Hereafter we assume either isotropic approximation or one-dimensional propagation, that is why

the subscripts α and β are omitted.

Neglecting the magnon dispersion compared to the exciton dispersion in the energy conservation

δ-function, changing the summation variable from q to k′ = k + q and assuming isotropy in the

plane or one-dimensional propagation we have

δf(k) = τp ×
2π

~
f ′0(εk)

∑
p,k′

|M(k,p;k′ − k)|2δ(εk − εk′)m0(Ep) (Vp+k−k′ ·∇µmτm) . (S95)
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The excitons drift with the velocity

v =
1∑

k f0(εk)

∑
k

1

~
∂εk
∂k

δf(k)

= τp
2π

~
∑
p,k,k′

f ′0(εk)|M(k,p;k′ − k)|2δ(εk − εk′)m0(Ep)vk (Vp+k−k′ ·∇µmτm) . (S96)

Equation (S96) can be simplified assuming that the magnon momentum p exceeds by far the

momentum of exciton. Such a large-p/small-k asymptotics corresponds to the regime studied above

in Sec. S7B. Hence, in Eq. (S96) we decompose Vp+k−k′ in series over |k − k′| � p. Technically,

it is convenient to introduce a novel variable P = p+ k − k′, rewrite the sum as

v =
1∑

k f0(εk)
τp

2π

~
∑

P ,k,k′

f ′0(εk)|M(k,p;k′ − k)|2δ(εk − εk′)m0(EP+k′−k)vk (VP ·∇µmτm)

=
1∑

k f0(εk)
τp

2π

~
∑

P ,k,k′

f ′0(εk)|M(k,p;k′−k)|2δ(εk−εk′)m′0(EP )~[(k′−k)VP ]vk (VP ·∇µmτm) .

(S97)

This expression can be brought to the form similar to Eq. (S84):

v = τpΓ
mu =

Γm

Γ0 + Γm
u, (S98)

where the magnon velocity u is defined in Eq. (S93). Note that in this approximation

δf(k) = τp ×
2π

~
f ′0(εk)

∑
p,k′

|M(k,p;k′ − k)|2δ(εk − εk′)m′0(Ep)~[(k′ − k)Vp] (Vp ·∇µmτm)

= τp × (−k)f ′0(εk)
2π

~
∑
k′

|M(k,p;k′ − k)|2δ(εk − εk′)(1− cosϑk,k′)︸ ︷︷ ︸
Γm/

∑
pm0(Ep)

×
∑
p

τmm
′
0(Ep)Vp[Vp∇µm]︸ ︷︷ ︸
u
∑

pm0(Ep)

. (S99)

Let us now analyze the non-equilibrium exciton distribution function and drift velocity de-

pending on the properties of exciton-magnon interaction. To that end, let us consider a simple

one-dimensional version of the model above which simplifies the calculations and allows us to

present the results for the distribution function in a simple analytical form. We note that the

energy conservation law εk = εk′ provides two solutions: (i) k′ = k and (ii) k′ = −k. The first

solution does not provide any contribution to δf(k) in Eq. (S95) after summation over p since Vp
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is an odd function of p. The remaining contribution simplifies to

δf(k) = τp ×
2π

~
f ′0(εk)

∑
p,k′

|M(k, p; k′ − k)|2δ(εk − εk′)m0(Ep) (Vp+k−k′ · ∇µmτm) . (S100)
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Supplementary Figure 13. 1D toy model. (a) Magnon dispersion Ep = −α|p| + p2/2Mm. (b)

Magnon group velocity. (c,d) Anisotropic part of exciton distribution δfk [blue solid curve, up to a

positive prefactor] found numerically from Eq. (S100) (solid curve) and using the small-k asymptotics [red

dotted curve, cf. Eq. (S99)]. Exciton dispersion εk = ~2k2/2Mx. We use the dimensionless parameters

α = 1, Mm = 1, Mx/Mm = 0.1, T = 0.3. No cut-off (p0 →∞) in (c). Cut-off parameter p0 = 0.5 in (d).

Figure 13 shows the toy model dispersion of magnons (a), their group velocity (b) and the

exciton distribution function found numerically from (S100) (c,d) for two models of interaction.

For panel (c) we consider momentum independent matrix element M . For panel (d) we consider

a more general case with the cut-off momentum p0:

M(k, p, q) =

M, p < p0,

0, p > p0.
(S101)

In this model the interaction with magnons with large momenta is absent. The result of numerical

calculation of δf(k) after Eq. (S100) is shown in Fig. 13(d). In contrast to Fig. 13(c) [and large
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p/small k asymptotics (S99) shown by the dashed curve] here the occupancies of excitons with

k > 0 are higher than those with k < 0 and excitons flow counter to the magnon flux v ↑↓ u. The

situation shown in panel (d) corresponds to the negative drag of excitons by magnons with

v ↑↓ u.

S8. EMISSION DYNAMICS AT DIFFERENT ENERGIES IN THE 10L CRYSTAL.

We measured the spectrally dispersed PL decay of our 10L crystal at low temperature where

spectral features are well resolved. The color-coded rectangles superimposed on the time-integrated

PL spectrum Fig. 14a indicate the respective spectral positions of the PL decay curves in b

extracted from the Streak camera image. A single exponential fit shows that all four PL decay

curves are essentially characterized by the same lifetime (τ = (12± 1) ps). It does not depend on

the emission energy and is the same whether we analyze the X0 peak or any of the other low-energy

peaks. These results therefore complement our analysis shown in Extended Data Fig. 1: Whether

we isolate the X0 emission peak or integrate over all low-energy emissions and the X0 peak, the

spatio-temporal dynamics and the extracted diffusion coefficients are essentially the same.

Supplementary Figure 14. Emission dynamics at different energies in the 10L PL signal.

a Time-integrated PL emission spectrum. b PL decay curves extracted from a spectrally resolved Streak

camera measurement at the energy windows color-coded in a. Laser excitation fluence was 490 µJ/cm2

and the sample temperature T = 4K for all measurements.
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S9. SIZE OF THE ZERO-DELAY PL EMISSION SPOT.

Supplementary Figure 15. Variance of the PL emission profile collected for four picoseconds.

Data is shown for different crystallographic axes and excitation fluences. The width of the laser imaged

on the Streak camera is indicated by the black dashed line.
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S10. TEMPERATURE DEPENDENCE OF EXCITON LIFETIMES

Here, we briefly discuss the anomalous temperature dependence of the exciton lifetime shown

in Extended Data Fig. 3b. In most materials, the emission lifetime of excitons tends to decrease

with increasing temperatures, mainly due to faster, temperature-activated non-radiative recom-

bination channels. Interestingly, in an ideal semiconductor quantum well with intrinsic radiative

recombination, the lifetime is in fact expected to increase with temperature [78], as the excitonic

distribution spreads out in momentum space, which reduces the fraction of excitons with momenta

inside the light cone. Similar behavior is predicted for 2D semiconductors, with values in the range

of 10’s to 100’s of ps for monolayer transition-metal dichalcogenides in the similar temperature

range [79].

For the magnetic semiconductor CrSBr, additional effects may be considered. A recent spec-

troscopy study reports an anomalous temperature dependent reduction of the exciton oscillator

strength [80]. The oscillator strength is observed to sizably decrease as a function of temperature,

an unusual behavior when compared to Wannier-Mott excitons in other inorganic semiconductors.

Calculations based on ab-initio many-body perturbation theory suggest an intriguing microscopic

reason for this peculiar change in oscillator strength, which is related to the presence of spin

fluctuations. Spin disorder modifies the orbital composition of the exciton wave function. More

specifically, it quenches the inter-site contribution, i.e., the hopping of electrons and holes between

neighboring Cr-atoms, which is to a large extent responsible for the large oscillator strength of

excitons in CrSBr. Phenomenologically, it can be argued that magnetic disorder, by reducing

inter-site hopping, leads to a decrease of the exciton oscillator strength, and, as a results, to an

increase of the radiative lifetime of excitons. If the decay of the exciton population observed in our

experiments is indeed limited by radiative recombination, this effect could qualitatively explain

the peculiar dependence of the exciton lifetime in Extended Data Fig. 3b.
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temperature physics (North-Holland Publishing Company, 1968).

[72] Alexander G Gurevich and Gennadii A Melkov, Magnetization oscillations and waves (CRC press,

2020).

[73] Frederic Keffer, “Spin waves,” in Ferromagnetism / Ferromagnetismus, edited by H. P. J. Wijn

(Springer Berlin Heidelberg, Berlin, Heidelberg, 1966) pp. 1–273.

[74] L. V. Keldysh, “Phonon wind and dimensions of electron-hole drops in semiconductors,” JETP Lett.

23, 86 (1976).

[75] N. N. Zinov’ev, L.P. Ivanov, V.I. Kozub, and I.D. Yaroshetskii, “Exciton transport by nonequllibrium

phonons and its effect on recombination radiation from semiconductors at high excitation levels,”

JETP 57, 1027 (1983).

[76] G. A. Kopelevich, S. G. Tikhodeev, and N. A. Gippius, “Phonon wind and excitonic transport

in Cu2O semiconductors,” Soviet Journal of Experimental and Theoretical Physics 82, 1180–1185

(1996).

[77] S. G. Tikhodeev, G. A. Kopelevich, and N. A. Gippius, “Exciton transport in Cu2O: Phonon wind

51



versus superfluidity,” physica status solidi (b) 206, 45–53 (1998).

[78] Lucio Claudio Andreani, Francesco Tassone, and Franco Bassani, “Radiative lifetime of free excitons

in quantum wells,” Solid state communications 77, 641–645 (1991).

[79] Haining Wang, Changjian Zhang, Weimin Chan, Christina Manolatou, Sandip Tiwari, and Farhan

Rana, “Radiative lifetimes of excitons and trions in monolayers of the metal dichalcogenide mos 2,”

Physical Review B 93, 045407 (2016).

[80] Yinming Shao, Florian Dirnberger, Siyuan Qiu, Swagata Acharya, Sophia Terres, Evan J Telford,

Dimitar Pashov, Brian SY Kim, Francesco L Ruta, Daniel G Chica, et al., “Magnetically confined

surface and bulk excitons in a layered antiferromagnet,” Nature Materials , 1–8 (2025).

52


	SpringerNature_NatNano_2068_ESM.pdf
	Contents
	Supplementary figures
	Sample details
	Spectral analysis of PL emission spectra under increasing laser excitation fluences
	Differences in the optical properties of 2L and 10L
	Discussion of other exciton transport mechanisms
	Linear exciton diffusion
	Exciton-exciton annihilation
	Discussion of key experimental results in the context of exciton-exciton annihilation.

	Exciton Seebeck effect

	Calculation of the magnon dispersion
	Short-range exchange interaction and basic approach
	Dipole-dipole interaction
	Macroscopic approach to the dipole-dipole interaction
	Magnetic susceptibility in the macroscopic approach
	Dipole-dipole interaction via susceptibility
	Dipole-dipole interaction in CrSBr bulk and multilayers


	Magnon-exciton drag effect
	Exciton-magnon interaction
	Two component exciton-magnon drift-diffusion
	Contraction of the exciton cloud
	Excitation-induced transient attractive potential
	Negative magnon group velocity and exciton-magnon drag
	Kinetic approach to exciton contraction


	Emission dynamics at different energies in the 10L crystal.
	Size of the zero-delay PL emission spot.
	Temperature dependence of exciton lifetimes
	References


