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Relationship between Mw and ML
The calculation of moment tensor by using full waveform inversion is important to clarify the accuracy of earthquake source parameter. However, it is generally difficult to obtain a good accuracy of source parameters from small earthquakes due to the lack of data quality. New moment magnitudes (Mw) are obtained from the moment tensor calculation. We compare the obtained Mw from the moment tensor calculation with local magnitude (ML), which can be used to estimate the size of an earthquake precisely due to less affected by attenuation. This analysis aims to clarify the scaling relationship especially for the lower magnitude portion to homogenize the earthquake catalog. 
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Fig. A1 The relationship between the new moment magnitude and local magnitude in this study. The black bold line represents the line of the best fit for the observed data. The black dashed line represents the line of the best fit from PUSGEN equation. PUSGEN is the National Center for Earthquake Studies of Indonesia.
We calculate the local magnitude (ML) as proposed by Richter (1935) and derived in detail by (Shearer 2009). We use the vertical component as a reference for the relationship. We calculate the local magnitude in terms of maximum amplitude of displacement waveform and attenuation law as the hypocentral distance between event and station (see Eq. 1).

Where A is the maximum amplitude of displacement waveform in microns ( and X is the epicentral distance in kilometers. Kanamori (1983) shows that the relationship between moment and local magnitudes are similar ( for moderate magnitude events (4 < Mw < 6). Our result shows the relationship as expressed by Equation 2.

In Figure A1, the fitting shows that the relation between moment magnitude (Mw) and local magnitude (ML) appears as linear described in Equation 2. Fifty percent of total events (7 events) show the distribution of data may not fit well to the regression line. However, we suggest that the regression is adequate from the correlation value (R2). 
We also discuss the scaling of Mw-ML based on the calculation from the National Center for Earthquake Studies (PUSGEN), Indonesia.  The Mw-ML relationship is described in Equation 3 (Irsyam et al. 2017). 

We conclude that our result is not significantly different from the calculation from PUSGEN even though the correlation value is lower. The different correlation value is probably due to lack of data in our analysis. Although the total of data in our analysis is rather small, this result may suggest the scaling of Mw-ML. The scaling investigated in this study is applicable for lower magnitudes only. Our result also seems consistent with a previous study in a different region, such as the Central Lesser Antilles, Eastern Caribbean, which shows a linear relationship between local and moment magnitudes for moderate earthquakes (González et al. 2017). 
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