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S1 Constructing Combinations

S1.1 Cumulative Logit Model with Proportional Odds Did Not Hold

For the simulations where the cumulative logit model with proportional odds did not hold, the
biomarkers had multivariate normal distributions conditional on D. We considered four different
sets of covariance matrices for these distributions, and we call these sets ¥ x where X x may be 3,

Yo, X3, or X4. These four sets of matrices are defined below.

For K = 3, we have:
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For K =5, we have:
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The results for ¥x = %1 were presented in the paper.
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Figure S1: Simulation results for K = 3, n = 400, P(D = 3) = 0.05, and ¥x = ¥; when the
cumulative logit model with proportional odds did not hold. Each plot presents the median
and interquartile range of the AUCs for D = K vs. D < K in the test data for the combinations fitted
by each modeling strategy, which are given on the x-axis. The results are presented by P(D = 1)
(columns) and p (rows). The simple approach is indicated by a slightly thicker line and larger point.
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Figure S2: Simulation results for K = 3, n = 400, P(D = 3) = 0.3, and Y x = ¥; when the
cumulative logit model with proportional odds did not hold. Each plot presents the median
and interquartile range of the AUCs for D = K vs. D < K in the test data for the combinations fitted
by each modeling strategy, which are given on the x-axis. The results are presented by P(D = 1)
(columns) and p (rows). The simple approach is indicated by a slightly thicker line and larger point.
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Figure S3: Simulation results for K = 3, n = 400, P(D = 3) = 0.05, and X x = ¥» when the
cumulative logit model with proportional odds did not hold. Each plot presents the median
and interquartile range of the AUCs for D = K vs. D < K in the test data for the combinations fitted
by each modeling strategy, which are given on the x-axis. The results are presented by P(D = 1)
(columns) and p (rows). The simple approach is indicated by a slightly thicker line and larger point.
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Figure S4: Simulation results for K = 3, n = 400, P(D = 3) = 0.3, and Y x = X3 when the
cumulative logit model with proportional odds did not hold. Each plot presents the median
and interquartile range of the AUCs for D = K vs. D < K in the test data for the combinations fitted
by each modeling strategy, which are given on the x-axis. The results are presented by P(D = 1)
(columns) and p (rows). The simple approach is indicated by a slightly thicker line and larger point.
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Figure S5: Simulation results for K = 3, n = 400, P(D = 3) = 0.05, and X x = X3 when the
cumulative logit model with proportional odds did not hold. Each plot presents the median
and interquartile range of the AUCs for D = K vs. D < K in the test data for the combinations fitted
by each modeling strategy, which are given on the x-axis. The results are presented by P(D = 1)
(columns) and p (rows). The simple approach is indicated by a slightly thicker line and larger point.
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Figure S6: Simulation results for K = 3, n = 400, P(D = 3) = 0.3, and Y x = X3 when the
cumulative logit model with proportional odds did not hold. Each plot presents the median
and interquartile range of the AUCs for D = K vs. D < K in the test data for the combinations fitted
by each modeling strategy, which are given on the x-axis. The results are presented by P(D = 1)
(columns) and p (rows). The simple approach is indicated by a slightly thicker line and larger point.
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Figure S7: Simulation results for K = 3, n = 400, P(D = 3) = 0.05, and Xx = X, when the
cumulative logit model with proportional odds did not hold. Each plot presents the median
and interquartile range of the AUCs for D = K vs. D < K in the test data for the combinations fitted
by each modeling strategy, which are given on the x-axis. The results are presented by P(D = 1)
(columns) and p (rows). The simple approach is indicated by a slightly thicker line and larger point.

10



K =3, 3y =3, P(D=3)=0.3

P(D=1)=0.1 P(D=1)=0.5
0.953- 0.908 1
0.907 -
0952- ¢ ® p=-1 0906- ¢ n=-1
0.951- 0.905-
0.904 -
0.950- 0903
0.886 - 0.886 -
0.884- ¢ ® ® ® u=0 0884- @ p=w
0.882- 0.882-
0.842-
0.7500-
8 o.7475- [ ° (] -1 8 o =il Class
So. ¢ B=1 2 os- @ B= ¢ Binary
0.7450 0.836 1 + Nominal
056- o ° ° PS 0.7775- ¢ Ordinal
0.54- ~- 07750- |
0.52- n=2 0.7725- n=2
050 07700~
0.7675-
48~
048 0.7650 -
° ° °
06- @ 073- ¢ ¢ ¢
05- n=3 0.72- n=3
04- s o l o71- ¢ ¢ ¢ ¢
e @ B S & & 00 e @ & 4 S o
o PR e RS RS e (o o & N RS s o
N %ao\o %@59\“\ o Pd\da 00‘\@\6 S N o oo o ST o 2 & S
Model Model

Figure S8: Simulation results for K = 3, n = 400, P(D = 3) = 0.3, and Y x = X, when the
cumulative logit model with proportional odds did not hold. Each plot presents the median
and interquartile range of the AUCs for D = K vs. D < K in the test data for the combinations fitted
by each modeling strategy, which are given on the x-axis. The results are presented by P(D = 1)
(columns) and p (rows). The simple approach is indicated by a slightly thicker line and larger point.

11



S1.1.2 K =5

K =5, 5 = 24, P(D=5) = 0.05

P(D=1)=0.1 P(D=1)=0.5
™ ° ° 090- @ ° °
0.757 i 0.85- T
050~ p=-1 0.80- + n=-1
0.25- T o 075-
°
085- ® ° ° ° 0.890-
0,804 T 0.885- +
) n=0 0.880- n=0
75-
078 0.875-
0.707 0.870-
0812~
0.808-
Q 0.804- © 0.860- Class
= p=1 3 p=1 ]
Z 0.800- < 0.855- ¢ Binary
0.796- 0.850 - + Nominal
0.735- 0.825- ¢ Ordinal
0730~ + + + + 0.820-
0725~ )
0.720- n=2 0.815- n=2
g;]g: 0.810-
¢ 0.80-
0.69- ¢ ¢ 079 + ) ¢
0.66- n=3 0.78- n=3
v § e o o ppidl + ¢ ¢ 9
: 076~
S NS N SR =Y SR & ot (o _ee®
@ o (@7 A A A e W o WA A e
N 69(\\) e‘{a%e'\«\ o Pd\c,a oc‘\"?\% S N %e@; %2‘5?»\‘(\ o P&ga R &2 S
Model Model

Figure S9: Simulation results for K =5, n = 400, P(D =5) = 0.05, and Y¥x = ¥; when the
cumulative logit model with proportional odds did not hold. Each plot presents the median
and interquartile range of the AUCs for D = K vs. D < K in the test data for the combinations fitted
by each modeling strategy, which are given on the x-axis. The results are presented by P(D = 1)
(columns) and p (rows). The simple approach is indicated by a slightly thicker line and larger point.

12



0.87-
0.86-
0.85-

0.859-

0.857-

0.855-

0.853-

0.812-
0.810-
0.808 -
0.806 -
0.739-
0.737 -
0.735-
0.733-
0.731-
0.729-

0.72-

AUC

0.70-
0.68 -
0.66 -

e e e e e
e —— —0— P
_— ——
AL
_— ——
— e e

) ) )
N N ) o) &
& O 20 AL ¢
o AT (B @@ ©
%@5 @) PQ\ \
Model

K =5, 3y =34, P(D=5)= 0.3

P(D=1)=0.5

|
|
|
|

=
n
AUC

+
|
|

0835: + +

@ N &
B NG \\‘\GO"’ R <<\\/o‘)\
B '
oo [N

Model

|
|
|
|

4

4

& X o
o o (&
DO @
¢

Class

¢ Binary
+ Nominal
¢ Ordinal

Figure S10: Simulation results for K =5, n = 400, P(D =5) = 0.3, and Y x = ¥; when the
cumulative logit model with proportional odds did not hold. Each plot presents the median
and interquartile range of the AUCs for D = K vs. D < K in the test data for the combinations fitted
by each modeling strategy, which are given on the x-axis. The results are presented by P(D = 1)
(columns) and p (rows). The simple approach is indicated by a slightly thicker line and larger point.
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Figure S11: Simulation results for K =5, n = 400, P(D = 5) = 0.05, and X x = 3 when the
cumulative logit model with proportional odds did not hold. Each plot presents the median
and interquartile range of the AUCs for D = K vs. D < K in the test data for the combinations fitted
by each modeling strategy, which are given on the x-axis. The results are presented by P(D = 1)
(columns) and p (rows). The simple approach is indicated by a slightly thicker line and larger point.
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Figure S12: Simulation results for K =5, n = 400, P(D = 5) = 0.3, and Y x = ¥X» when the
cumulative logit model with proportional odds did not hold. Each plot presents the median
and interquartile range of the AUCs for D = K vs. D < K in the test data for the combinations fitted
by each modeling strategy, which are given on the x-axis. The results are presented by P(D = 1)
(columns) and p (rows). The simple approach is indicated by a slightly thicker line and larger point.
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Figure S13: Simulation results for K =5, n = 400, P(D = 5) = 0.05, and X x = 33 when the
cumulative logit model with proportional odds did not hold. Each plot presents the median
and interquartile range of the AUCs for D = K vs. D < K in the test data for the combinations fitted
by each modeling strategy, which are given on the x-axis. The results are presented by P(D = 1)
(columns) and p (rows). The simple approach is indicated by a slightly thicker line and larger point.
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Figure S14: Simulation results for K =5, n = 400, P(D = 5) = 0.3, and Y x = X3 when the
cumulative logit model with proportional odds did not hold. Each plot presents the median
and interquartile range of the AUCs for D = K vs. D < K in the test data for the combinations fitted
by each modeling strategy, which are given on the x-axis. The results are presented by P(D = 1)
(columns) and p (rows). The simple approach is indicated by a slightly thicker line and larger point.
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Figure S15: Simulation results for K =5, n = 400, P(D = 5) = 0.05, and X x = 3, when the
cumulative logit model with proportional odds did not hold. Each plot presents the median
and interquartile range of the AUCs for D = K vs. D < K in the test data for the combinations fitted
by each modeling strategy, which are given on the x-axis. The results are presented by P(D = 1)
(columns) and p (rows). The simple approach is indicated by a slightly thicker line and larger point.
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Figure S16: Simulation results for K =5, n = 400, P(D = 5) = 0.3, and Y x = X, when the
cumulative logit model with proportional odds did not hold. Each plot presents the median
and interquartile range of the AUCs for D = K vs. D < K in the test data for the combinations fitted
by each modeling strategy, which are given on the x-axis. The results are presented by P(D = 1)
(columns) and p (rows). The simple approach is indicated by a slightly thicker line and larger point.
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S1.2 Cumulative Logit Model with Proportional Odds Held
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Figure S17: Simulation results for K = 3, n = 400, and P(D = 3) = 0.05 when the
cumulative logit model with proportional odds held. Each plot presents the median and
interquartile range of the AUCs for D = K vs. D < K in the test data for the combinations fitted
by each modeling strategy, which are given on the x-axis. The results are presented by P(D = 1)
(columns) and p (rows). The simple approach is indicated by a slightly thicker line and larger point.
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Figure S18: Simulation results for K = 3, n = 400, and P(D = 3) = 0.3 when the cumulative
logit model with proportional odds held. Each plot presents the median and interquartile range
of the AUCs for D = K vs. D < K in the test data for the combinations fitted by each modeling
strategy, which are given on the x-axis. The results are presented by P(D = 1) (columns) and p
(rows). The simple approach is indicated by a slightly thicker line and larger point.
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Figure S19: Simulation results for K = 5, n = 400, and P(D = 5) = 0.05 when the
cumulative logit model with proportional odds held. Each plot presents the median and
interquartile range of the AUCs for D = K vs. D < K in the test data for the combinations fitted
by each modeling strategy, which are given on the x-axis. The results are presented by P(D = 1)
(columns) and p (rows). The simple approach is indicated by a slightly thicker line and larger point.
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Figure S20: Simulation results for K = 5, n = 400, and P(D = 5) = 0.3 when the cumulative
logit model with proportional odds held. Each plot presents the median and interquartile range
of the AUCs for D = K vs. D < K in the test data for the combinations fitted by each modeling
strategy, which are given on the x-axis. The results are presented by P(D = 1) (columns) and p
(rows). The simple approach is indicated by a slightly thicker line and larger point.
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S2 Combination Selection
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Figure S21: Results for the proposed combination selection method for Example 1. The
plot on the left gives the median and interquartile range of the estimated model selection bias for the
combinations selected by the two approaches (the standard approach and the new approach) and the
difference in the estimated bias between the two approaches. The plot on the right gives the median
and interquartile range of the AUC for D = 3 vs. D < 3 in test data for the combinations selected by
the two approaches.
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Figure S22: Results for the proposed combination selection method for Example 2. The
plot on the left gives the median and interquartile range of the estimated model selection bias for the
combinations selected by the two approaches (the standard approach and the new approach) and the
difference in the estimated bias between the two approaches. The plot on the right gives the median
and interquartile range of the AUC for D = 3 vs. D < 3 in test data for the combinations selected by
the two approaches.
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Figure S23: Results for the proposed combination selection method for Example 3. The
plot on the left gives the median and interquartile range of the estimated model selection bias for the
combinations selected by the two approaches (the standard approach and the new approach) and the
difference in the estimated bias between the two approaches. The plot on the right gives the median
and interquartile range of the AUC for D = 3 vs. D < 3 in test data for the combinations selected by
the two approaches.
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Figure S24: Results for the proposed combination selection method for Example 4. The
plot on the left gives the median and interquartile range of the estimated model selection bias for the
combinations selected by the two approaches (the standard approach and the new approach) and the
difference in the estimated bias between the two approaches. The plot on the right gives the median
and interquartile range of the AUC for D = 3 vs. D < 3 in test data for the combinations selected by
the two approaches.
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Figure S25: Results for the proposed combination selection method for Example 5. The
plot on the left gives the median and interquartile range of the estimated model selection bias for the
combinations selected by the two approaches (the standard approach and the new approach) and the
difference in the estimated bias between the two approaches. The plot on the right gives the median
and interquartile range of the AUC for D = 3 vs. D < 3 in test data for the combinations selected by
the two approaches.
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